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We calculate the optical potentials, i.e., the light shifts, of the ground and excited states of atomic
cesium in a two-color evanescent ﬁeld around a subwavelength-diameter ﬁber. We show that the light
shifts of the 6S1=2 $ 6P3=2 transitions can be minimized by tuning one trapping light to around 934.5 nm
in wavelength (central red-detuned magic wavelength) and the other light to around 685.5 nm in
wavelength (central blue-detuned magic wavelength). The simultaneous use of the red- and blue-detuned
magic wavelengths allows state-insensitive two-color trapping and guiding of cesium atoms along the
thin ﬁber. Our results can be used to eﬃciently load a two-color dipole trap by cesium atoms from a
magneto-optical trap and to perform continuous observations.
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1.

must be kept away from the ﬁber wall. This can be achieved
by the centrifugal potential barrier.5) The two-color scheme6)
uses a red-detuned light and a blue-detuned light to obtain an
attractive potential and a repulsive potential, respectively.7)
Since the evanescent decay length increases with increasing
wavelength, the attractive potential decays slower than the
repulsive potential. When the ratio between the intensities of
the two lights is appropriate, the sum of the two optical
potentials gives a trapping potential in the transverse plane
of the ﬁber. In both schemes, the atom trapping and guiding
occur outside the ﬁber. We have shown that stable trapping
and guiding can be achieved only when the ﬁber diameter is
smaller than the light wavelength. The great advantages of
our scheme are (a) localization of atoms to a subwavelength
region, (b) high eﬃciency to detect individual atoms, (c)
high accessibility to the trapped atoms, and (d) achievement
of strong coupling between light and matter.8)
Due to the conservative character of optical potentials, the
loading of atoms into dipole traps requires the use of friction
forces, which can be provided by the Doppler cooling
mechanism in MOTs.4,9) Similar to the case of a currentcarrying wire,10) an evanescent-wave atom trap using a lightcarrying subwavelength-diameter ﬁber can be loaded in the
following steps:
(a) First we collect atoms in a MOT. The MOT is loaded at
a distance to the ﬁber in order to prevent losses due to
atoms hitting the ﬁber.
(b) We then move the MOT to overlap with the ﬁber. This
moving is done by shifting the center of the magnetic
quadrupole ﬁeld, which deﬁnes the position of the
MOT.
The loading of a dipole trap from a MOT is a dynamical
process rich in physics.11) A major obstacle to the eﬃcient
loading of a dipole trap is that the excited electronic states
generally experience positive ac Stark shifts of comparable
magnitude to the negative shift of the ground state. These
light shifts with opposite signs change the resonant frequencies of the atoms in the dipole trap. When the spatial
gradient of the trapping ﬁelds is high, the resonant

Introduction

There is currently a strong interest for the manipulation of
individual neutral atoms in microscopic (at subwavelength
size) optical dipole traps.1,2) The ability to manipulate atoms
individually may open a way to controlled engineering of the
quantum states of small sets of trapped particles, in order to
encode and process information at the quantum level.3) A
red-detuned optical dipole trap works as follows: The ac
Stark shift induced by a red-detuned trapping light lowers
the ground-state energy of the atom proportionally to the
local light intensity.4) The spatial dependence of the atomic
potential energy is therefore equivalent to the spatial
dependence of the light intensity. The atom has the lowest
potential energy in the region of maximum intensity and can
therefore be trapped there. For very large detuning, typically
several nanometers, the photon scattering rate becomes so
low that the optical trapping potential is truly conservative.
The optical dipole trap is usually loaded by precooled atoms
from a magneto-optical trap (MOT). There are two schemes
of microscopic optical dipole traps to store individual atoms.
The ﬁrst one is based on a strongly focused single Gaussian
laser beam.1) The second one is based on the use of a
standing wave of two counterpropagating laser beams with
equal intensities and optical frequencies.2) In both schemes,
the size of the trapping region is less than the light
wavelength.
Recently, we proposed a new method for microscopic
trapping of individual atoms.5,6) The method is based on the
use of a subwavelength-diameter silica ﬁber with a single
(red-detuned) light beam5) or with two (red- and bluedetuned) light beams6) launched into it. The light waves in
the guided modes decay away from the ﬁber wall and
produce optical potentials for neutral atoms. The singlecolor scheme5) uses a red-detuned light to produce an
attractive potential. To sustain stable trapping, the atoms
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frequencies of the atoms vary substantially with their
positions within the dipole trap. This eﬀectively introduces
a strong spatial dependence of the detuning between the
atomic cooling transition and the MOT ﬁelds. The detuning
may become large or positive. This prevents the eﬃcient
Doppler cooling. As a result, the Doppler cooling is
generally incompatible with the dipole trapping. The
extremely small volume of a microscopic dipole trap makes
the problem even worse: the time-averaged number of atoms
in a microscopic dipole trap (loaded from a MOT) can be
less than one.
Katori et al. have proposed and demonstrated a trap
loading scheme that helps overcome the above obstacle.12)
The idea is to use an appropriate wavelength of the trapping
laser light (called the magic wavelength) at which (due to
the speciﬁc multilevel structure of a real atom) the Stark
shifts of the lower and upper levels of the cooling transition
have the same value and the same sign. It has been
demonstrated for strontium atoms that the choice of a magic
wavelength for a red-detuned far-oﬀ-resonance trap allows
simultaneous Doppler cooling and dipole trapping and hence
enables high loading eﬃciency of magneto-optically trapped
atoms into the optical dipole trap.12)
The spatial dependence of the atomic resonant frequencies
also leads to additional complications in the monitoring
(probing) processes. Kimble et al. have recently demonstrated for cesium atoms that the choice of a magic
wavelength for a red-detuned far-oﬀ-resonance trap allows
state-insensitive trapping and continuous observation of
trapped atoms.13)
In this paper, we address the problem of minimizing the
spatial dependence of the light shifts of the atomic
transitions in a two-color dipole trap. We show that the
light shifts of the 6S1=2 $ 6P3=2 cesium transitions can be
minimized by tuning one trapping light to around 934.5 nm
in wavelength (central red-detuned magic wavelength) and
the other light to around 685.5 nm in wavelength (central
blue-detuned magic wavelength). We calculate the optical
potentials of cesium atoms in the ground and excited states
in a two-color evanescent ﬁeld around a subwavelengthdiameter ﬁber. We show the possibility of state-insensitive
two-color trapping and guiding.
Before we proceed, we note that, due to recent developments in taper ﬁber technology, thin ﬁbers can be produced
with diameters down to 50 nm.14,15) Thin ﬁber structures can
be used as building blocks in future atom and photonic
micro- and nano-devices.
The paper is organized as follows. In §2 we review the
general theory and present the basic equations for light shifts
and polarizabilities of atomic states. In §3 we calculate the
dynamic polarizabilities of the 6S1=2 ground state and the
6P3=2 excited state of atomic cesium. In §4 we calculate the
light shifts of these states in a two-color evanescent ﬁeld
around a subwavelength-diameter ﬁber. Our conclusions are
given in §5.
2.

General Theory of Light Shifts of Atomic Hyperﬁne
Levels

We consider the interaction between an atom in a ﬁnestructure state jni  jnLJ i and an external electric ﬁeld E.
The combined Hamiltonian of the hyperﬁne interaction and
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the Stark eﬀect is
H ¼ Vhfs þ VEE ;

ð1Þ

where the operator Vhfs describes the hyperﬁne structure and
the operator VEE describes the ﬁeld-induced shifts of energy
levels.
The hyperﬁne interaction operator Vhfs is given by16)
Vhfs ¼ h A I  J
ð2Þ
6ðI  JÞ2 þ 3I  J  2IðI þ 1ÞJðJ þ 1Þ
:
2Ið2I  1Þ2Jð2J  1Þ
Here J is the operator for the total electronic angular
momentum, I is the operator for the nuclear spin, and A and
B are the hyperﬁne-structure (hfs) constants. For the level
6P3=2 of cesium (I ¼ 7=2 and J ¼ 3=2), we have9) A=2 ¼
50:34 MHz and B=2 ¼ 0:38 MHz.
The Stark operator VEE is, in the second-order perturbation theory, given by17)
þ h B

1
1
VEE ¼  0 E2  2 QE2 :
2
2

ð3Þ

Here 0 and 2 are the scalar and tensor polarizabilities,
respectively. The scalar polarizability 0 shifts all hyperﬁne
and magnetic sublevels equally. The tensor polarizability 2
mixes the hyperﬁne and magnetic sublevels through the
operator17)
Q¼

3ðu  JÞ2  JðJ þ 1Þ
:
Jð2J  1Þ

ð4Þ

Here u ¼ E=E is the unit vector in the ﬁeld direction.
Due to the hfs interaction, the total electronic angular
momentum J is not conserved. However, in the absence of
the ﬁeld, the total angular momentum of the atom, described
by the operator F ¼ J þ I, is conserved. In the basis of hfs
states jFMF i, the operator Vhfs is diagonal. Its nonzero
matrix elements are
hFMF jVhfs jFMF i
3
ð5Þ
KðK þ 1Þ  2IðI þ 1ÞJðJ þ 1Þ
1
h AK þ h B 2
;
2
2Ið2I  1Þ2Jð2J  1Þ
where K ¼ FðF þ 1Þ  IðI þ 1Þ  JðJ þ 1Þ.
The matrix elements of Q between two hfs states are given
by17)
hFMF jQjF 0 MF0 i
rﬃﬃﬃﬃﬃﬃ

15 ðJ þ 1Þð2J þ 1Þð2J þ 3Þ 1=2
¼
2
Jð2J  1Þ


1
1
X X X
1 2
1

u u 0
 q 0
q ¼1 0 ¼1
ﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃ
ﬃ
p
0
 ð1ÞIþJþFF MF ð2F þ 1Þð2F 0 þ 1Þ



F 2
F0
F 2 F0

:
ð6Þ
MF q MF0
J I J
pﬃﬃﬃ
Here
pﬃﬃﬃ u1 ¼ ðux  iuy Þ= 2, u0 ¼ uz , and u1 ¼ ðux þ iuy Þ=
2 are the spherical tensor components of the ﬁeld-direction
vector u. The three-j symbols in eq. (6) require the two
conditions q ¼  þ 0 ¼ MF0  MF . The second three-j
symbol and the six-j symbol in eq. (6) make Q not diagonal
in F.

¼
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Equations (4) and (6) are valid for an arbitrary orientation
of the electric ﬁeld. In a particular case where the electric
ﬁeld is aligned along the quantization axis z, i.e., E ¼ E^z,
eq. (4) reduces to the form
Q¼

3Jz2  JðJ þ 1Þ
;
Jð2J  1Þ

ð7Þ

which is diagonal in J and MJ . Most of the previous works
on the Stark eﬀect in atomic excited states were devoted to
this case.17–19)
In the absence of the hfs interaction, the Stark shift of a
ﬁne-structure magnetic sublevel jJMJ i can be written as
EMJ ¼ ð1=2ÞðMJ ÞE2 , with the polarizability
ðMJ Þ ¼ 0 þ 2

3MJ2  JðJ þ 1Þ
:
Jð2J  1Þ

ð8Þ

In particular, for J ¼ 3=2, we have ðMJ ¼ 3=2Þ ¼ 0 þ
2 and ðMJ ¼ 1=2Þ ¼ 0  2 .
The presence of the hfs interaction dictates the use of the
hfs basis fjFMF ig. In this basis, the particular special form
(7) of the operator Q is diagonal in MF but not in F. The
nonzero matrix elements of this operator are17)


ðJ þ 1Þð2J þ 1Þð2J þ 3Þ 1=2
hFMF jQjF 0 MF i ¼
Jð2J  1Þ
pﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃ
IþJþFF 0 MF
ð2F þ 1Þð2F 0 þ 1Þ
 ð1Þ




F 2 F0
F 2
F0

:
ð9Þ
MF 0 MF
J I J
For each ﬁxed value of MF , there is a matrix with rows and
columns labeled by F and F 0 , respectively. In particular,
for MF ¼ Fmax , where Fmax  J þ I, the matrix
hFMF jQjF 0 MF i reduces to 1  1. Hence, for the hfs states
with the maximum values of F and jMF j, i.e., the states
jF ¼ Fmax ; MF ¼ Fmax i, the Stark shift is EMmax ¼
ð1=2ÞMmax E2 , where Mmax ¼ 0 þ 2 .
In this paper we study the case where the ﬁeld interacting
with the atom is an optical ﬁeld, that is, E ¼ ðEei!t þ
E ei!t Þ=2. Here E is the complex envelope vector of the
electric component of the light ﬁeld. In this case, we have to
remove fast optical oscillations from the right-hand side of
eq. (3) by averaging it over an optical period. This procedure
leads to the following expression for the operator of the
dynamic Stark eﬀect:
X
1
1
VEE ¼  0 jEj2  2
jFMF ihF 0 MF0 j
4
4 FMF F0 M 0
F


X
1
2
1
0



ð1Þ E E0
 q 0
q0
rﬃﬃﬃﬃﬃﬃ

ð10Þ
15 ðJ þ 1Þð2J þ 1Þð2J þ 3Þ 1=2

2
Jð2J  1Þ
pﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃ
IþJþFF 0 MF
ð2F þ 1Þð2F 0 þ 1Þ
 ð1Þ




F 2
F0
F 2 F0

:
MF q MF0
J I J
pﬃﬃﬃ
Here
pﬃﬃﬃ E1 ¼ ðEx  iEy Þ= 2, E0 ¼ Ez , and E1 ¼ ðEx þ iEy Þ=
2 are the spherical tensor components of the ﬁeld envelope
vector E. In general, the Stark operator VEE is not diagonal in
the hfs basis fjFMF ig, and consequently neither is the
Hamiltonian (1). To ﬁnd the shifts of the hfs sublevels, we

must diagonalize this Hamiltonian. The Stark shift induced
by an optical ﬁeld is called the ac Stark shift or the light
shift.
In the case of optical ﬁelds, in addition to the time
averaging procedure, we also have to use the dynamic
polarizability instead of the static one. The static scalar and
tensor polarizabilities of an atomic ﬁne-structure state have
been derived systematically.18) The microscopic expression
for the linear susceptibility, which is related to the dynamic
polarizability, is well known in the literature.20) Combining
the previous results,18,20) we write the dynamic scalar
polarizability 0 and the dynamic tensor polarizability 2
of an atomic ﬁne-structure state jni as
X
2=h
0 ¼
hn0 kDkni2
3ð2J þ 1Þ n0

and

!n0 n ð!2n0 n  !2 þ n20 n =4Þ
ð!2n0 n  !2 þ n20 n =4Þ2 þ n20 n !2

ð11Þ


1=2
4
5Jð2J  1Þ
2 ¼
h 6ðJ þ 1Þð2J þ 1Þð2J þ 3Þ


X
1 J0
JþJ 0 J

ð1Þ
hn0 kDkni2
1 J 2
n0


!n0 n ð!2n0 n  !2 þ n20 n =4Þ
;
 !2 þ n20 n =4Þ2 þ n20 n !2

ð!2n0 n

ð12Þ

respectively. Here ! is the frequency of the light ﬁeld,
hn0 kDkni is the reduced electric dipole matrix element for
the transition between the ﬁne-structure states jn0 i and jni,
!n0 n ¼ !n0  !n is the transition frequency, and n0 n ¼ n0 þ
n is the linewidth (twice the dephasing rate) and is given as
the sum of the population decay rates n0 and n of the states.
We note that, when ! is several linewidths oﬀ resonance
with the corresponding transition, the eﬀect of n0 n in the
above formulae can be neglected. We also note that, for the
ground states of alkali–metal atoms, which correspond to
J ¼ 1=2, the tensor polarizability is vanishing, that is,
2 ¼ 0. We emphasize that the polarizabilities (11) and (12)
do not account for the diﬀerences between the polarizabilities of the individual magnetic sublevels. Due to the
hfs splitting as well as the dependence of the transition
strength on the magnetic quantum number, diﬀerent magnetic sublevels may have diﬀerent polarizabilities. When the
hfs splitting is small compared to the ﬁeld detuning, the
eﬀect of the splitting on the polarizability is small. In
addition, when there is no optical pumping, we can assign
the magnetic sublevels of the level jni a ﬂat population
distribution and can therefore perform a statistical averaging
over this distribution. The polarizabilities (11) and (12)
correspond to the results of this averaging procedure. We
expect that, under the conditions of small hfs splitting and
ﬂat distribution of the magnetic-sublevel population,
eqs. (10)–(12) can provide an eﬀective simpliﬁed description for the Stark interaction energy.
3.

Numerical Results for Cesium Atoms in a Linearly
Polarized Plane-Wave Light Field

3.1

Dynamic polarizabilities of the 6S1=2 ground state and
the 6P3=2 excited state
The polarizabilities of the ground and excited states of
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Fig. 1. Polarizability  of the ground state 6S1=2 in atomic cesium as a
function of the light wavelength .

atomic cesium have been calculated in a large number of
works. However, most of the previous calculations were
devoted to the static limit.17,18,21) Recently, in order to search
for a red-detuned magic wavelength for a far-oﬀ-resonance
trap, the light shifts of the ground and excited states of
atomic cesium have been calculated.13) However, the results
for the dynamic polarizabilities have not been explicitly
provided.
To search for red- and blue-detuned magic wavelengths,
we ﬁrst calculate the polarizabilities of the ground and
excited states of cesium as functions of the light wavelength
, using eqs. (11) and (12). The calculations for the
polarizability of the 6S1=2 ground state incorporate the
couplings 6S1=2 $ ð6{11ÞP1=2;3=2 . The calculations for the
scalar and tensor polarizabilities of the 6P3=2 excited state
incorporate the couplings 6P3=2 $ ð6{15ÞS1=2 and 6P3=2 $
ð5{11ÞD3=2;5=2 . Relevant parameters are taken from a number
of sources.21–24)
We plot in Fig. 1 the dynamic polarizability  ¼ 0 of the
ground state 6S1=2 . As seen, in the region  > 500 nm, the
proﬁle of  has two closely positioned resonances, corresponding to the transitions between 6S1=2 and 6P1=2 (D1 line,
wavelength 894 nm) and between 6S1=2 and 6P3=2 (D2 line,
wavelength 852 nm). The eﬀects of the other transitions are
not substantial in this wavelength region.
We plot in Fig. 2 the scalar polarizability 0 and the
tensor polarizability 2 for the excited state 6P3=2 . The ﬁgure
shows that both 0 and 2 have multiple resonances in the
region  > 500 nm. The most dominant resonances are due
to the transitions from 6P3=2 to ð6{8ÞS1=2 and ð5{8ÞD3=2;5=2 .
3.2 Blue- and red-detuned magic wavelengths
We now search for magic wavelengths, at which the
polarizabilities and consequently the light shifts of the
relevant upper and lower states are almost equal, leading to
the minimization of the shift of the atomic transition
frequency.12) For this purpose, we plot in Fig. 3 the sum
0 þ 2 (a) and diﬀerence 0  2 (b) of the scalar and
tensor polarizabilities of the 6P3=2 excited state (solid lines)
together with the polarizability of the 6S1=2 ground state
(dashed lines). As mentioned in the previous section, the
quantities 0 þ 2 and 0  2 are the polarizabilities of the

Excited-state polarizabilities [a.u.]

Ground-state polarizability [a.u.]
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Fig. 2. Scalar polarizability 0 (a) and tensor polarizability 2 (b) of the
excited state 6P3=2 in atomic cesium as functions of the light
wavelength .

ﬁne-structure magnetic sublevels with MJ ¼ 3=2 and
MJ ¼ 1=2, respectively, in the case where the ﬁeld is
linearly polarized along the z axis. Therefore, although the
total polarizability of the 6P3=2 excited state is a tensor, the
quantities 0 þ 2 and 0  2 characterize the boundary
magnitudes of the total polarizability.
As seen from Fig. 3, the sum 0 þ 2 and diﬀerence 0 
2 for the 6P3=2 state cross the polarizability of the 6S1=2
state at slightly diﬀering wavelengths of 938 nm and 931 nm,
respectively. These crossing points are red-detuned from the
D1 and D2 resonance lines. They are spread around the
central red-detuned magic wavelength R ¼ 934:5 nm, in
agreement with the recent result of McKeever et al. for
atomic cesium.13)
We observe in Fig. 3 that, in addition to the crossings of
the ground- and excited-state polarizabilities on the red side
of detuning, there are several crossings on the blue side. The
two blue-detuned crossings that are closest to the D1 and D2
resonance lines occur, in the case of 0 þ 2 , at the
wavelengths of 684 and 612 nm [see Fig. 3(a)] and, in the
case of 0  2 , at the wavelengths of 687 and 614 nm [see
Fig. 3(b)]. The diﬀerence between the positions of the 0 þ
2 and 0  2 crossings is rather small. The ﬁrst bluedetuned crossings are spread around the central magic
wavelength B ¼ 685:5 nm. The second blue-detuned crossings are spread around the central magic wavelength B0 ¼
613 nm. Thus we can minimize the light shifts of the
6S1=2 $ 6P3=2 transitions of cesium atoms in a blue-detuned
light ﬁeld by tuning the light ﬁeld to around an average
wavelength B ¼ 685:5 nm or B0 ¼ 613 nm. Concerning the
problem of trapping and guiding atoms around a subwavelength-diameter ﬁber, the ﬁrst blue-detuned magic wavelength B ¼ 685:5 nm is more favorable than the second
blue-detuned magic wavelength B0 ¼ 613 nm. One of the
reasons is that the ﬁrst wavelength is closer to the D1 and D2
resonance lines and hence leads to a larger coupling strength.
In addition, the ﬁrst wavelength satisﬁes better the singlemode ﬁber condition and gives a longer evanescent-wave
penetration length. Therefore, we focus on the ﬁrst blue-
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Fig. 3. Comparison between the polarizabilities of the excited and ground states of atomic cesium. The sum (a) and diﬀerence (b) of the scalar and tensor
polarizabilities of the 6P3=2 excited state are shown as functions of the light wavelength by the solid lines. The polarizability of the 6S1=2 ground state is
shown by the dashed lines.

0

Polarizabilities [a.u.]

and positive, respectively. The magnitudes of the polarizabilities in the vicinities of B and R are on the order of
600 a.u. and 3000 a.u., respectively. The magnitudes of the
polarizabilities in the vicinity of B are about ﬁve times
smaller than in the vicinity of R . The reason is that B is
farther from the D1 and D2 resonance lines than R .
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Fig. 4. Blue-detuned (a) and red-detuned (b) magic wavelengths for the
6S1=2 $ 6P3=2 cesium transition. The sum and diﬀerence of the scalar
and tensor polarizabilities of the 6P3=2 excited state are shown by the
thick and thin solid lines, respectively. The polarizability of the 6S1=2
ground state is shown by the dashed lines.

detuned magic wavelength but not on the second one.
We show in Figs. 4(a) and 4(b) the polarizabilities of the
6S1=2 and 6P3=2 states in the vicinities of the central bluedetuned magic wavelength B ¼ 685:5 nm and the central
red-detuned magic wavelength R ¼ 934:5 nm, respectively.
As seen, around B and R , the polarizabilities of the ground
and excited states cross each other. The signs of the
polarizabilities in the vicinities of B and R are negative

3.3 Light shifts due to a linearly polarized light
We calculate the light shifts of the transitions from the
6P3=2 FMF sublevels to the 6S1=2 F 0 MF0 sublevels. The light
shift of an atomic transition is the diﬀerence between the
light shifts of the upper and lower levels. The light shifts of
the hfs sublevels jFMF i of the 6P3=2 excited state are
determined by diagonalizing the Hamiltonian (1), which
includes the hfs energy (2) and the Stark interaction energy
(10). The Stark energy of the 6P3=2 state is produced by the
scalar polarizability 0 ð6P3=2 Þ and the tensor polarizability
2 ð6P3=2 Þ. All the hfs sublevels jF 0 MF0 i of the 6S1=2 ground
state have the same light shift, produced by the scalar
polarizability 0 ð6S1=2 Þ. For simplicity, we assume in this
subsection that the electric component of the light ﬁeld is
linearly polarized along the quantization axis z. In addition,
we limit ourselves to the transitions from the excited-state
sublevels that are split from F ¼ 5.
In Fig. 5, we plot the shifts of the transition frequencies as
functions of the light wavelength in the vicinities of the
central blue-detuned magic wavelength B ¼ 685:5 nm (a)
and the central red-detuned magic wavelength R ¼ 934:5
nm (b). As seen, the light shifts cross zero at around B and
R , with positive slopes. At B and R , the light shifts range

Light shifts of transitions [MHz]
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Fig. 5. Light shifts of the transitions from the 6P3=2 FMF sublevels to the
6S1=2 F 0 MF0 sublevels in cesium as functions of the light wavelength in the
vicinities of the central blue-detuned magic wavelength (a) and the
central red-detuned magic wavelength (b). The electric component of the
ﬁeld is linearly polarized along the quantization axis z. The intensity of
the ﬁeld is 1 MW/cm2 . We show only the results for the transitions
involving the excited-state sublevels that are split from F ¼ 5.
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substantial but not very large. At an intensity of 3 MW/cm2 ,
the light shifts of the transitions from the F ¼ 5 MF ¼ 0
sublevel are 23 MHz in the case of Fig. 6(a) and 146 MHz
in the case of Fig. 6(b). In general, it is possible to
individually minimize the light shifts of the transitions from
the upper sublevels 6P3=2 FMF with arbitrary ﬁxed values of
F and MF using appropriate choices of magic wavelengths.
4.

Light Shifts of the Transitions of Atomic Cesium in a
Two-Color Evanescent Field around a Subwavelength-Diameter Fiber

Consider a cesium atom moving outside a thin singlemode optical ﬁber that has a cylindrical silica core of radius
a and refractive index n1 and an inﬁnite vacuum clad of
refractive index n2 ¼ 1. To produce an optical potential with
a trapping minimum suﬃciently far from the ﬁber surface,
we use two laser beams propagating along the ﬁber in the
fundamental modes 1 and 2 with diﬀering frequencies !1
and !2 , respectively (with wavelengths 1 and 2 , respectively, and free-space wave numbers k1 and k2 , respectively).6) To make the potential cylindrically symmetric, the
laser beams are circularly polarized at the input. In the
vicinity of the ﬁber surface, the polarization of the transverse
component of each propagating ﬁeld rotates elliptically in
time, the orbit rotates circularly in space, and the spatial
distribution of the ﬁeld intensity is cylindrically symmetric.25) For certainty, we assume that circulation of photons
around the ﬁber axis z is clockwise.
Outside the ﬁber, in the cylindrical coordinates fr; ’; zg,
the cylindrical components of the envelope vector E of the
electric ﬁeld in a fundamental mode with clockwisely
rotating (circulating) polarization are given by26)
Er ¼ iA½ð1  sÞK0 ðqrÞ þ ð1 þ sÞK2 ðqrÞeiðz’Þ ;

-30
0

915

4

0

2

4

Field intensity [MW/cm2 ]
Fig. 6. Light shifts of the transitions from the 6P3=2 FMF sublevels to the
6S1=2 F 0 MF0 sublevels in cesium vs the ﬁeld intensity. The values of the
wavelength of the ﬁeld are chosen to be  ¼ 684 nm (a) and  ¼
938 nm (b). The electric component of the ﬁeld is linearly polarized along
the quantization axis z. We show only the results for the transitions
involving the excited-state sublevels that are split from F ¼ 5.

from 4 to 3.1 MHz and from 21:2 to 26.3 MHz,
respectively. The range of the light shifts in the vicinity of
B is several times smaller than that in the vicinity of R .
This is due to the diﬀerence between the magnitudes of the
polarizabilities around B and R .
In Fig. 6, we plot the shifts of the transition frequencies as
functions of the ﬁeld intensity. We choose the wavelengths
 ¼ 684 nm (a) and  ¼ 938 nm (b) for the ﬁeld. These
values are close to the exact values of the blue- and reddetuned magic wavelengths for the transitions 6P3=2 F ¼
5 MF ¼ 5 $ 6S1=2 F 0 MF0 (with the maximum values of F
and jMF j). Our numerical calculations show that the light
shifts of these speciﬁcally chosen transitions are indeed
small. They are less than 2 MHz even when the ﬁeld
intensity is as high as 3 MW/cm2 . A more precise tuning
can, in principle, reduce the light shifts of these transitions to
zero. The light shifts of the other transitions are more

E’ ¼ A½ð1  sÞK0 ðqrÞ  ð1 þ sÞK2 ðqrÞeiðz’Þ ;
Ez ¼ A

2q
K1 ðqrÞeiðz’Þ :


ð13Þ

Here  is the longitudinal propagation constant determined
by the eigenvalue equation for the ﬁber mode with the freespace wavenumber k ¼ !=c, the parameter q ¼ ð2 
n22 k2 Þ1=2 characterizes the decay of the ﬁeld outside the
ﬁber, and the parameter s is deﬁned as s ¼ ð1=q2 a2 þ
1=h2 a2 Þ=½J10 ðhaÞ=haJ1 ðhaÞ þ K10 ðqaÞ=qaK1 ðqaÞ, with h ¼
ðn21 k2  2 Þ1=2 . The coeﬃcient A is proportional to the
amplitude of the ﬁeld. The notation Jn and Kn stand for the
Bessel functions of the ﬁrst kind and the modiﬁed Bessel
functions of the second kind, respectively.
In the spherical tensor representation, the components of
the ﬁeld envelope are given by
pﬃﬃﬃ
E1 ¼ 2 iAð1 þ sÞK2 ðqrÞeiðz2’Þ ;
2q
K1 ðqrÞeiðz’Þ ;

pﬃﬃﬃ
E1 ¼  2 iAð1  sÞK0 ðqrÞeiz :
E0 ¼ A

ð14Þ

In the case of conventional weakly guiding ﬁbers,26) E1 and
E0 are negligible compared to E1 . However, in the case of
vacuum-clad subwavelength-diameter ﬁbers, E1 and E0 are
not negligible.25)
We illustrate in Fig. 7 the magnitudes jE1 j, jE0 j, and jE1 j

J. Phys. Soc. Jpn., Vol. 74, No. 3, March, 2005

(a)

(b)

λ = 685.5 nm

λ = 934.5 nm

1.0

Field components [arb. units]

F. L. KIEN et al.

Light shifts of transitions [MHz]

916

0.8

0.6

0.4

0.2

14

7

0

-7

-14
0.0

0.0
0.2

0.4

0.6

0.8

1.0

0.2

0.4

0.6

0.8

0.4

1.0

0.8

1.2

1.6

2.0

Radial distance r [µm]

Radial distance r [µm]

of the spherical tensor components of the ﬁeld outside the
ﬁber. According to the ﬁgure, all the three components of the
ﬁeld are comparable to each other in the vicinity of the ﬁber
surface. Therefore, we must take into account all of these
terms when we calculate the light shifts of the excited-state
levels of atoms outside the thin ﬁber.
We use eqs. (10) and (14) together with the Hamiltonian
(1) and the hfs energy (2) to calculate the light shifts of the
6P3=2 hfs sublevels of atomic cesium in a two-color
evanescent ﬁeld around a vacuum-clad subwavelengthdiameter ﬁber. These light shifts are in fact equal to the
optical potentials of the excited atoms outside the ﬁber. In
addition, we also calculate the light shift of the 6S1=2 state,
which is the optical potential of the ground-state atoms. To
minimize the diﬀerence between the light shifts of the 6P3=2
and 6S1=2 states, we choose the central red- and blue-detuned
magic wavelengths for the two ﬁelds, i.e., 1 ¼ R ¼ 934:5
nm and 2 ¼ B ¼ 685:5 nm. The powers of the laser beams
must be chosen appropriately so that the ground-state optical
potential has a deep minimum outside the ﬁber with a high
barrier near the ﬁber surface. For this purpose, we choose the
powers P1 ¼ 11:5 mW and P2 ¼ 48:5 mW for the red- and
blue-detuned laser beams, respectively.
We plot in Fig. 8 the light shifts of the 6P3=2 FMF $
6S1=2 F 0 MF0 transitions of the atoms trapped around the ﬁber.
The ﬁgure shows that the light shifts can be reduced to
become less than 14 MHz. Such a shift is comparable to the
typical detuning of near-resonant ﬁelds used for a MOT with
cesium atoms (typical detuning is 10–20 times of the natural
linewidth =2 ¼ 5:18 MHz of the cesium D2 line).4) Thus,
due to the use of the red- and blue-magic wavelengths, the
spatial dependences of the light shifts of atomic transitions
are weak. If we detune the MOT ﬁelds from the cooling
transition by a negative detuning  with a magnitude
jj=2 > 14 MHz, then the red-detuning condition for the
MOT ﬁelds (cooling ﬁelds) in the presence of the far-oﬀresonance evanescent ﬁelds (optical trapping ﬁelds) is kept
throughout the outside of the ﬁber. This allows the
simultaneous operation of the MOT and the dipole trap.
The above result also opens up an opportunity for state-

Fig. 8. Spatial dependences of the light shifts of the 6P3=2 FMF $
6S1=2 F 0 MF0 transitions of cesium atoms in a two-color evanescent ﬁeld
around a vacuum-clad silica-core subwavelength-diameter ﬁber. The
radius of the ﬁber is a ¼ 0:2 mm. The two laser beams are tuned to the
wavelengths 1 ¼ R ¼ 934:5 nm and 2 ¼ B ¼ 685:5 nm, with the
powers P1 ¼ 11:5 mW and P2 ¼ 48:5 mW, respectively. We show only
the results for the transitions involving the excited-state sublevels that are
split from F ¼ 5.
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Fig. 7. Magnitudes jE1 j (dotted lines), jE0 j (dashed lines), and jE1 j (solid
lines) of the spherical tensor components of the evanescent light ﬁeld in a
fundamental mode with clockwisely rotating polarization outside a
vacuum-clad subwavelength-diameter ﬁber. The radius of the ﬁber is
a ¼ 0:2 mm. The light wavelength is  ¼ 685:5 nm (a) and 934:5 nm (b).
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Fig. 9. Optical potentials (light shifts) of cesium atoms in a two-color
evanescent ﬁeld around a vacuum-clad subwavelength-diameter ﬁber.
The atoms are in the excited-state manifold 6P3=2 (a) and the ground-state
manifold 6S1=2 (b). All the parameters are the same as those for Fig. 8.
We show only the results for the transitions involving the excited-state
sublevels that are split from F ¼ 5.

insensitive trapping, i.e., for simultaneous trapping of
ground- and excited-state atoms.12,13) We plot in Fig. 9 the
optical potentials of the excited- and ground-state atoms for
the parameters of Fig. 8. We observe from Fig. 9 that the
excited- and ground-state optical potentials have similar
shapes, with deep minima located close to each other in
space. This indicates the possibility of state-insensitive twocolor trapping of cesium atoms around the ﬁber. Such a
state-independent trapping scheme allows the simultaneous
operation of trapping and probing, that is, the operation of
trapping with continuous observation during the trapping
interval. Kimble et al. have proposed and demonstrated a
similar state-insensitive trapping method, which is based on
the use of counter-propagating laser beams at a red-detuned
magic wavelength.13)
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5.

Conclusions

In summary, we have shown that the light shifts of the
6P3=2 FMF $ 6S1=2 F 0 MF0 transitions in atomic cesium in a
two-color optical dipole trap can be minimized by tuning
one trapping light to around 934:5 nm in wavelength (central
red-detuned magic wavelength) and the other light to around
685:5 nm in wavelength (central blue-detuned magic wavelength). We have investigated the light shifts of the cesium
hfs sublevels in a two-color evanescent ﬁeld around a
subwavelength-diameter ﬁber. The simultaneous use of the
red- and blue-detuned magic wavelengths allows stateinsensitive two-color trapping and guiding of cesium atoms
along the thin ﬁber. Our results can be used to eﬃciently load
a two-color dipole trap by cesium atoms from a magnetooptical trap and to perform continuous observations.
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